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Abstract. An introduction of the sonification theory and its applications to the medical
imaging is presented in this paper. The sonification theory is known in the literature as the
transformation of the image into sound by means of a linear operator based on the linear
theory of sound propagation. By reversing back to image, an inverse problem has to be
solved in order to find if the sound discovers or not new details in the original image. When
the classical sonification operator is applied in the inverse problem, no image enhancement
is achieved and no details are discovered. This is probably because the classical operator is
based on the linear theory of sound propagation. In this paper a new sonification algorithm
is advanced based on the Burgers equation of sound propagation. The new algorithm is able
to bring improvements in the medical image by inversion. It earns gains in improvement of
the medical image by capturing hardly detectable details in the unclear original images. The
approach is exercised on fictive ultrasound images of human and rat livers.
Keywords: burgers equation, sonification, medical image.

1. Introduction
The enhance of the quality of medical images used to surgery is a problem that
scientists have given a special interest [1-4]. The computed tomography, magnetic
resonance imaging, nuclear imaging, and ultrasound-positioned medical imaging
are implemented for medical purposes including to diagnoses and surgery. This
paper introduces a new sonification operator based on the nonlinear theory of the
sound propagation, the Burgers equation, in order to solve the inverse problem of
sonification and to earn gains in improvement of the medical images.
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Pollack applied in 1952 the information theory to evaluate auditory displays as a
visualization tool [5, 6]. Kramer (1994) and Kramet et al (1999) trace the history
of the sound art by highlighting the old art such as Sonic Youth and the
contemporary art that led to provocative applications, including the works of
Christian Marclay, LaMonte Young, Janet Cardiff, Rodney Graham and Laurie
Anderson among many others [7-9].
The nano-guitar built by Cornell University physicists from the crystalline silicon
no larger than a single human blood cell and the quantum whistle is a nano-scale
sound which is able to discover oscillations in superfluid gases are two examples
where the sonification is applied [10, 11].
The sonification theory allows new insights into some diseases such as the
Alzheimers’s dementia [12] and therapies in body movements such as walking,
turning, rising arms or legs [13].
The inverse problem of sonification, i.e. the reversing back the sound samples into
new images is less studied so far to our knowledge. This is because the applying of
known sonification operator in the inverse approach does not bring any
improvement in the medical image because the theory behind the sonification
operator is the linear theory of sound propagation. This paper introduces a new
sonification operator based on the nonlinear Burgers equation of the sound
propagation. The new operator has proved its ability to solve the inverse problem
of sonification and to earn gains in improvement of the medical image.
2. Theory of sonification
We present in this paragraph the direct problem of sonification as known in the
literature [14-17]. The sonification operator S 0 transforms the point data D into
sound signals Y 0 S 0 : D  Y 0 , S 0 : x(t )  y 0 (t 0 , x(t ), p 0 ) , where x (t ) is the 1D
point data to be transformed into sounds, t is the data time, t 0 is the sonification
time, and p 0  P 0 , P 0  {k 0 ,  0 , f ref0 , 0 , 0 , 0 , 0 , g 0 ,  0 , H 0} are the sonification
parameters: k 0 is the time compressor factor on the time interval T 0  T / k 0 ,
0  0 is the dilation factor, f ref0 is the reference frequency, 0 , 0  0 are the
pitch scaling parameters, 0  1 is the power distortion factor, 0  0 is the
threshold for the amplitude, g 0 is the gain function,  0 is the decay parameter and

H 0 is the timbral control function.
The 1D data stream x (t ) can be divided into non-overlapping segments of different
length. The variables of the data domain are t, ti , T . The signal x (t ) is expressed as
a sequence x(n) at the sampling rate f s of duration of T seconds. The x(n)
consists of N  T  f s samples. The time points ti are the frontiers between
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segments xi (t ) . If t0  0 and tM  T a possible division in M segments of xi (t )
is
 x (t  ti 1 ) 0  t  (ti  ti 1 )
(1)
xi (t )  
else
 0
The duration of each segment is Ti  ti  ti 1 Each segment xi (t ) is sonified as a
single event yi0 (t 0 ) which can be longer or shorter than Ti
M

y 0 (t 0 )   yi0 (t 0  ti01 ), ti01 
i 1

0

ti 1
k0 .

(2)

0

The general form for the sonification signal y (t ) is
 t

0 0
y (t ) | xi (  t ) | sin  2   f ref 2( xtrend ( ti 1 )  xi (  t )) dt 0  ,
(3)
 0



where the second term xi ( 0t 0 ) is the mean free segment, and xtrend (ti 1 ) is the
0

0
i

0

0 0

trend signal at the starting point for pitch modulation. Parameter  0 determine the
length of the sonic event Ti 0 . If 0  k 0 the adjacent events do not overlap but for

0  k 0 they overlap.
To introduce control of timbre, the operator H 0 acts as the sine function, so
0
 t

0
0 0
0
0
yi (t )  ai (t ) H  sin  2  f ref 2bi ( t )) dt 0  
 0




bi (t 0 )   0 xtrend (ti 1 )  0 xi (t 0 )  ,

(4)

where ai (t 0 ) is the amplitude modulator, f ref is the base frequency for the pitch
range of sonification and bi (t 0 ) is a pitch modulator. The amplitude modulator is
defined as
0
ai (t 0 ) | xi (  0t 0 | , 0  1 ,
(5)
where 0 has the role of the amplitude modulator. For exceeding a threshold 0
around the mean of the amplitude, a half-wave rectification is included
 x   0 x  0
ai (t 0 )  g | xi (0t 0 |, 0 ,
g ( x, 0 )  
(6)
 0 else





3. The Burgers equation
The Burgers equation or Bateman-Burgers equation has applications in fluid
mechanics, nonlinear acoustics, and other fields [18]. The equation is written as
[19]
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v  v
b
 2v
 2v 
v
0
x c0  20c03 2
,
(7)
where x  ( x1 , x2 , x3 ) , v  (v1 , v2 , v3 ) is the acoustic velocity vector,   t  x / c0 is
the retarded time, where t is time, c0 is the velocity of sound propagation in the

linear approximation, b  (b1, b2 , b3 ) are the dissipation coefficients, 0 is density of
medium,   (1 , 2 ,3 ) is nonlinearity coefficient.
Details on the pulse
propagation in nonlinear 1D media can be found in [20-23].
The purpose of a new sonification operator is to bring gains in a medical image
with potential detectable details. A replication of the image already present does
not help the diagnosis and surgical of tumors. So, we are looking for a new
operator to replace (3) which is based on the linear theory of sound propagation. To
construct a new sonification operator, the Burgers equation of sound propagation is
used.
Let us to consider a digital image B of area A , seen as a collection of N pixels
D  d 1 , d 2 ,..., d N , d i  R N . The B is subjected to external force f (t ) written as a
sum of the excitation harmonic force Fp (t ) and the generation sound force Fs (t ) .
The last force is introduced to build the sonification operator. The response of B
to f (t ) is a new configuration b defined of all points P  B at the time t resulting
by vibration of B . The vibration of B is described by decoupled Burgers
equation (7).
One way to convert (7) into a linear equation is applying the Cole-Hopf
transformation [24]
1 
v  2u
 x .
Another method to solve (7) is the cnoidal method [25]. The cnoidal solutions are
localized waves that conserve their properties even after interaction among them,
and then act somewhat like particles. We introduce the function transformation
d2
  2 2 log n (t ) ,
(8)
dt
where the theta function n (t ) are defined as
1  1  exp(i1t  B11 ) ,
2  1  exp(i1t  B11 )  exp(i2t  B22 )  exp(1  2  B12 ) ,
3  1  exp(i1t  B11 )  exp(i2t  B22 )  exp(i3t  B33 )  exp(1  2  B12 ) 
 exp(1  3  B13 )  exp(2  3  B23 )  exp(1  2  3  B12  B13  B23 ),

and

n 



M (  , )

n

exp(i M i i t 
i 1

1 n
 B ij M i M j ) ,
2 i j

(9)
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2

 i   j 
, exp Bii  i2 .
(10)
exp Bij  
 i   j 


The solution of (7) is taken under the form
2
(t )  2 2 log n ()  lin ()  int () ,
(11)
t
for   t   .
The first term in (11) represents a linear superpositions of cnoidal waves, while the
second term represents a nonlinear superposition or interaction among cnoidal
waves. So, the solution of (7) can be written as
l

l

vi   a j cn (mi , i ) 
j

j 1

 b cn
j

j 1

l

j

( mi , i )

1   c j cn j (mi , i )

,

(12)

j 1

where i  k1i x1  k 2 i x2  k3i x3  i t   i , l is a finite number of degree of freedom
of the cnoidal functions, 0  m  1 is the moduli of the Jacobean elliptic function,
 is frequency and  the phase, k1 , k2 , k3 are components of the wave vector.
As a result, the cnoidal method yields to solutions consisted of a linear
superposition and a nonlinear superposition of cnoidal waves.
The equation (7) and other equations of the same kind (Schrödinger, Korteweg–de
Vries equations etc.) have an infinite number of local conserved quantities, an
infinite number of exact solutions expressed in terms of the Jacobi elliptic
functions (cnoidal solutions) or the hyperbolic functions (solitons), and the simple
formulae for nonlinear superposition of explicit solutions.
4. New sonification algorithm
The main idea derives from the fact that the linearized equation can be solved by
an ordinary Fourier series as a linear superposition of sine waves. The
generalization of Fourier series as a linear superpositions of cnoidal waves seems
to be a natural way to solve the equation (7).
Now, given a known force F p , we determine the unknown force Fs such that the
acoustic power radiated from B to be minimum. The acoustic power radiated from
B is written as
A
(13)
W  vT p ,
2
where v is the velocity verifying (7) and p the acoustic pressure vector, A is the
area of the rectangular picture, and the subscript T represents the Hermitian
transpose [26].
We suppose that the solutions vi , i  1,2,3 of (7) are expressed by (12).
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In the following we stop to l  2 , and we will see that there are no sensible
improvements in solutions for l  2 By setting
W
(14)
0,
Fs
the function Fs (t ) is determined.
The unknown parameters Pj  {m j ,  j , k1 j , k 2 j , k 3 j ,  j , a1 , b1 , c1 , a 2 , b2 , c2 } , j  1,2,3 ,
are find by a genetic algorithm which minimizes the objective function  ( Pj )
written with respect to residuals of (7) and (14)
3

( Pj )  31  12 j  22 ,

(15)

j 1

with
1 j 

v j
x j



j
2
0

c

vj

v j




bj
2 c

3
0 0

vj

 2v j


2

, 2 

W
.
Fs

(16)

The genetic algorithm is running until it is reached a non-trivial minimizer, which
will be a point at which (15) admits a global minimum.
The quality of results depends on the values of  . The required precision is taken
to be six places after the decimal point. The genetic parameters are assumed to be
as follow: number of populations 200, ratio of reproduction 1.0, number of multipoint crossover 1, probability of mutation 0.5, and maximum number of
generations 500.
Once determined the function Fs , the sonification operator S is written as
Fs ( D , t )
,
(17)
S ( D, t )  Fs ( D , t ) 
1  F ( D , t )
where D  d 1 , d 2 ,..., d N , d i  R





D  d1 , d 2 ,..., d N , di  R

N

s

N

is the point data domain of the original image,

is the point data domain of the sonified image, and t is

the sonification time.
Data D is arranged under the form of a matrix with arbitrarily number of
elements. The grid is assumed to be sufficiently fine and special care is devoted to
eliminate (or at least to keep under control) the sources of numerical errors. Each
element of the matrix may contain interfaces or borders separating the colors and
nuances, line and curved lines, that is everything that appears in the image.
The equation (7) is solved for continuity requirements expressed as sharp interface
conditions for which a matching of both displacements and stresses at the image
interfaces is imposed. In order to assure that the sonified image contain new
relevant detail and not noise, the reflections by the edges of the discretization are
removed by the Dirichlet and Neumann boundary conditions and a strongly
attenuative buffer. The outward-moving wavefield is separated from the inwardmoving one, and reflections along the boundaries are reduced by the outwardmoving components. The reflection coefficient is [27]
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j

 1  cos  
(18)
rj  
 ,
 1  cos  
where j is the degree of approximation, and  is the incidence angle. The
reflections from boundaries are removed by coupling the Dirichlet fixed boundary
conditions solution to the Neumann free boundary conditions solution. For more
than one component of displacement, the Dirichlet and Neumann conditions
alternate components at the boundaries. When more than one boundary is
nonreflecting, more solutions are added to eliminate multiple reflections.
The continuity requirements are used to fill in blank spaces in the sonified image
by continuity of solutions in the vicinity of interfaces and edges. After sonification,
the mapped data typically contain small blurred areas with cavities and white dots
due to the inaccuracies of the original medical images. These areas are filled with
color and geometric lines, through continuity requirements with the help of
solutions in adjacent areas, so that the final image may contain new elements, new
details that do not appear in the original image.
Utility of the new inverse sonification technique was highlighted on some medical
images used to surgical operations. In the next Section we present the applications.

5. Applications
The first exercise consists of some 2D fictive ultrasound images of human liver with
some interest regions inspired from [28]. Ultrasound imaging is a noninvasive
tecnique and real-time diagnostic modality for diagnosing the diffuse liver
diseases, in the frequency range of [2, 18] MHz [28, 29]. Early diagnosis of the
liver diseases is important to improve the treatment and to save the human lives.
The ultrasound image is generated by ultrasound waves into the human body,
which are reflected as echoes and converted into signals by a transducer. In recent
years, 3D ultrasound images has also been developed. 29, 39 Accurate information
about the space, shape, size, and texture of tumor is provided by 3D/4D ultrasound.
This procedure may also be useful to evaluate the real tumor volume as well as the
healthy surrounding organs.
The sonification operator S given by (17) is exercised on fictive ultrasound images
of normal and diffuse liver diseases. Fig. 1 shows an ultrasound image of normal
human liver. Fig. 2 presents the ultrasound image of a chronic liver before
sonification (left) and after sonification (right). Fig. 3 presents the ultrasound
image of a fatty liver before sonification (left) and after sonification (right). Fig. 4
presents the ultrasound image of a cirrhotic liver before sonification (left) and after
sonification (right), and Fig. 5 presents the ultrasound image of a cirrhosis on
which hepatocellular carcinoma liver before sonification (left) and after
sonification (right) . New details in sonified images can be useful for examining
the liver abnormalities.
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Fig. 1. Ultrasound image of a normal human liver before and after sonification.

Fig. 2. Ultrasound image of a chronic liver before and after sonification.
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Fig. 3. Ultrasound image of a fatty liver before and after sonification.

Fig .4. Ultrasound image of a cirrhotic liver before and after sonification.
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Fig. 5. Ultrasound image of a cirrhosis on which hepatocellular carcinoma before and after
sonification.

For the next exercise, we consider the work of Salameh [30] which studies the
detection of nonalcoholic steatohepatitis in the fatty rat livers by magnetic
resonance (MR). MR is a technique which uses radiology and strong magnetic
fields to obtain pictures of the organs. The Salameh study is useful in the early
detection of fibrosis in the at livers.

Fig. 6. a) The MR image of a liver rat;
b) All initially hidden details were found by sonification technique.
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The sonification operator S given by (17) is exercised on fictive MR images of the
fatty rat livers. Fig. 6a shows the MR image of a liver rat with severe loss of
architecture, disturbances of the hepatocytes and strong hepatocellular.
To verify the truthfulness of the sonification results, we intentionally hide some
details in these images (shown in red Fig. 6b). The application of the inverse
sonification operator was successful in the sense that all initially hidden details
were found by the operator.
The last application considers the case of a tumor (pink color) located near the
portal tree of the vascular territory (Fig. 7a) [31, 32].
The vascular territory (1) and the vessel branches in the vicinity of tumor (2) are
shown in Fig. 7b. We obtain through sonification three images shown in Fig. 8 for
the frontal, caudal and cranial views. Besides new details on the tumor reported to
surrounding areas, the shape and size of the tumor is better visualized.

Fig. 7. a) Location of the tumor;
b) Vascular territory (1) and the vessel branches in the vicinity of tumor.

Fig. 8. The new images in the vicinity of the tumor after sonification.

Details about other applications in liver surgery can be found in [33-37].
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6. Conclusions
Medical imaging tends to become more accurate in sensitivity and clarity for
predicting of diseases and efficiency of surgical operations. The sonification
operator proposed in this paper is converting the digital data field into sounds,
using a set of basic functions defined as series of cnoidal vibrations. By inverting
the sound into image, the results highlight hidden details seen by the sound and not seen by
the eyes. The application of the inverse sonification operator was successful in the
sense that all initially hidden details were rediscovered by the operator. In contrast
to the direct problem of sonification that convert the data points into audio samples,
the inverse problem is turning back the sound representation into images in order to
obtain clarity, good contrast and low noise. The inverse sonification technique is
exercited on fictive ultrasound images of human and rat livers with some regions of
medical interest. The new sonification operator has the following advantages: 1)
does not distinguish between the data time and the sonification time; 2) reflects
indirectly the influence of the propagation of sound though abrupt changes in the
tissue structure due to Burger equation; 3) discovers of new hard-to-find details in
original medical images; 3) provides a better convergence.
Acknowledgement. This work was supported by a grant of the Romanian ministry
of Research and Innovation, CCCDI–UEFISCDI, project number PN-III-P1-1.2PCCDI-2017-0221/59PCCDI/2018 (IMPROVE), within PNCDI III.
References
[1] A. Laal, Innovation Process in Medical Imaging, Procedia - Social and Behavioral Sciences, 81,
2013, p. 60-64.
[2] J.C. Bamber, D. Cosgrove, C. F. Dietrich, J. Fromageau, J. Bojunga, F. Calliada, EFSUMB
guidelines and recommendations on the clinical use of ultrasound elastography. Part 1: Basic
principles and technology. Ultraschall Med., 34, 2013, p. 169-184.
[3] J. C. Bamber, Ultrasound elasticity imaging: definition and technology, European Radiology, 9,
1999, p. S327–S330.
[4] J.C. Bamber, N.L. Bush, Freehand elasticity imaging using speckle decorrelation rate, Acoust
Imaging, 22, 1996, p. 285–292.
[5] I. Pollack, The information of elementary auditory displays, Journal of the Acoustical Society of
America, 24, nr. 6, 1952, p. 745-749.
[6] I. Pollack, L. Ficks, Information of elementary multidimensional auditory displays, Journal of the
Acoustical Society of America, 26, 1954, p. 155-158.
[7] G. Kramer, An introduction to auditory display, In: Kramer G (eds) In auditory display, AddisonWesley, Boston, MA, 1994, p. 1-79.
[8] G. Kramer, B. Walker, T. Bonebright, P. Cook, J. Flowers, N. Miner, J. Neuhoff, Sonification
report: Status of the field and research agenda, Tech. Rep., International Community for
Auditory Display, 1999.
[9] S. Shelley, M. Alonso, J. Hollowoof, M. Pettitt, S. Sharples, D. Hermes, A. Kohlrausch,
Interactive sonification of curve shape and curvature data, In Lecture Notes in Computer Science
5763, Haptic and Audio Interaction Design, 4th International Conference, HAID2009, Dresden,
Germany, Sept 10-11, 2009 (eds. M. Ercan Altinsoy, Ute Jekosch, Stephen Brewster), p. 1-60.
[10] H. Craighead, Silicon Guitar, http://www.npr.org/news/tech/970724.guitar.html, 1997.

Journal of Engineering Sciences and Innovation, Vol. 4 Issue 2/ 2019

167

[11] J. C. Davis, R. Packard, Quantum oscillations between two weakly coupled reservoirs of
superfluid He-3, Nature July, 31, 1997.
[12] L. Gionfrida, A. Roginska, A novel sonification approach to support the diagnosis of Alzheimer’s
dementia, Frontiers in Neurology, 8, 2017, Article 647.
[13] Asri Ag Ibrahim, Alter Jimat Embug, Sonification of 3D body movement using parameter
mapping technique, International Conference on Information Techmology and Multimedia
(ICIMU) November 18-20, Putrajaya, Malaysia, 2014, p. 385-389.
[14] T. Bonebright, P. Cook, J. H. Flowers, Sonification Report: Status of the Field and Research
Agenda, Faculty Publications, Department of Psychology, 2010, Paper 444.
[15] R. Holdrich, K. Vogt, Augmented audification, in ICAD 15: Proceedings of the 21st International
Conference on Auditory Display, K. Vogt, A. Andreopoulou and V. Goudarzi, Eds. Graz, Austria:
Institute of Electronic Music and Acoustics (IEM), University of Music and Performing Arts Graz
(KUG), 2015, p. 102–108.
[16] P. Vickers, R. Holdrich, Direct segmented sonification of characteristic features of the data
domain, preprint, Department of Computer and Information Sciences, Northumbria University,
Newcastle upon Tyne, UK, 2017.
[17] J. Rohrhuber, S0 - Introducing sonification variables, in Super-Collider Symposium, Berlin,
2010, p. 1-8.
[18] J. M. Burgers, A mathematical model illustrating the theory of turbulence. In Advances in
applied mechanics, Elsevier, 1, 1948, p. 171-199.
[19] I. Demin, S. Gurbatov, N. Pronchatov-Rubtsov, O. Rudenko, A. Krainov, The numerical
simulation of propagation of intensive acoustic noise, Published by the Acoustical Society of
America, Proceedings of Meetings on Acoustics, 19, 2013, 045075.
[20] M. Scalerandi, P.P. Delsanto, C. Chiroiu, V. Chiroiu, Numerical simulation of pulse propagation
in nonlinear 1-D media, Journal of the Acoustical Society of America, 106, nr. 5, 1999, p. 24242430.
[21] R. A.Toupin, B. Bernstein, Sound waves in deformed perfectly elastical materials. Acoustoelastic
effect, Journal of the Acoustical Society of America, 33, 1961, p. 216.
[22] G.V. Norton, J G. Novarini, Including dispersion and attenuation directly in the time domain for
wave propagatiom in isotropic media, Journal of the Acoustical Society of America, 113, 2003, p.
3024-3031.
[23] G.V. Norton, R.D. Purrington, The Westervelt equation with viscous attenuation versus a causal
propagation operator. A numerical comparison, Journal of Sound and Vibration, 327, 2009, p.
163-172.
[24] Hopf E., The partial differential equationy ut + uux = μuxx. Communications on Pure and
Applied Mathematics, 3, nr. 3, 1950, p. 201–230.
[25] L. Munteanu, St. Donescu, Introduction to Soliton Theory: Applications to Mechanics, Book
Series Fundamental Theories of Physics, vol.143, Kluwer Academic Publishers, Dordrecht,
Boston, Springer Netherlands, 2004.
[26] Ji Lin, J. Stuart Bolton, Sound power radiation from a vibrating structure in terms of structuredependent radiation modes, Journal of Sound and Vibration, 335, 2015, p. 245–260.
[27] E. Ruffino, P.P. Delsanto, Problems of accuracy and reliability in 2D LISA simulations,
Computers and Mathematics with Applications, 38, 1999, p. 89-97.
[28] P. Bharti, D. Mittal, R. Ananthasivan, Computer-aided characterization and diagnosis of diffuse
liver diseases based on ultrasound imaging: A review, Ultrasonic Imaging, 39, nr. 1, 2017, p. 3361.
[29] R. Badea, S. Ioanitescu, Ultrasound imaging of liver tumors-current clinical applications,
INTECH Open Access Publisher, 2012, p. 75-102.
[30] N. Salameh, B. Larat, Early detection of steatohepatitis in fatty rat liver by using MR
elastography, Radiology, 253(1), 2009.
[31] H. Lang, M. Hindennach, A., Radtke, H.O.Peitgen, Virtual liver surgery: Computer-assisted
operation planning in 3D liver model, chapter 5 in Recent Advances in liver surgery by Renzo
Dionigi, Landes Bioscience Madame Curie Bioscience Data base, 2009.

168

Munteanu L., Chiroiu V. and al. / On the sonification technique

[32] R. Shamir, I. Tamir, E. Dabool, L. Joskowicz, Y. Shoshan, A Method for Planning Safe
Trajectories in Image-Guided Keyhole Neurosurgery. In: Jiang T, Navab N, Pluim JW, Viergever
M. Medical Image Computing and Computer-Assisted Intervention–MICCAI 2010. Lecture
Notes in Computer Science. 6363 Springer Berlin Heidelberg, 2010.
[33] V. Chiroiu, C. Dragne, A. Gliozzi, On the trajectories control of a hybrid robot,
ICMSAV201818, October 25-26, Brasov, 2018.
[34] C. Rugina, C. Stirbu, On the sonoelasticity and sonification imaging theories with application to
cooperative surgery robots, ICMSAV201818, October 25-26, Brasov, 2018.
[35] L. Munteanu, R. Ioan, L. Majercsik, On the computation and control of a robotic surgery hybrid
system, ICMSAV201818, October 25-26, Brasov, 2018.
[36] V. Chiroiu, L. Munteanu, C. Dragne, C. Stirbu, On the diferential dynamic logic model for
hybrid systems, Acta Technica Napocensis - series: Applied Mathematics, Mechanics and
Engineering, 61, nr. 4, 2018.
[37] V. Chiroiu, L. Munteanu, C. Rugină, On the control of a cooperatively robotic system by using a
hybrid logic algorithm, Proceedings of the Romanian Academy, series A: Mathematics, Physics,
Technical Sciences, Information Science, 19, nr. 4, 2018.

